Zadatak 281 (Danijela, ekonomska Skola)

1 — 1 —
—-10 3 +—-10 4
Ako je 10~ =2 2 odredite x.
55-10
Rjesenje 281
Ponovimo!
—n 1 n m n+m a " n—m 1
a =—5 , a -a =a s = a , a =a
a a

Zakon distribucije mnoZenja prema zbrajanju
a-(b+c):a~b+a~c s a~b+a~c:a~(b+c).
l.inacica
1 _ 1 _ 1 1 1 1
—-10 3)4-—-10 4 P! 3t 4
10°=2 2 — 10Y =210 10 _ jo*=2:10 2-10

55.107 s5. L 55

=

10+1 11
4 4 110" 110’
= 10722100 o ¥ o200 e Y T
IRAE 2407 .55 210755

107 107

107 X
— = 107 =
2-10 -5 10-10 10 -10 10
2.inacica

10 10
= 10" = 7 =10 =—4:>10’C=—5:10)‘=102 = x=2.

3 4

T l-10_4-(10+1) L%

L =0t =2 =10"=2—— =
55-10 55-10
10_4-11 x 10_4-11 X 10_4 x 10_4
— 7 =10 =——% =10 =7 = 10 =7
2-55-10 2-5-10
-4 -4
1 1 _
S 10" - S 10’“:0—_6 — 107 =10"*10% = 10=10% = x=2.
10 -10 10

3.inadica
1 _ 1 _ 1 -3 1 -4 7 1 1
~.10 3+*.1() 4 (~10 +E-10 )10 7,1044_7,103

10"=2 2 - 10" = —10"=2___ 2

55.10_7 55 55

1.10_
10" =2

:10x: =

10-10

13 1
—-107-(10+1) 10711 L1031 L1030
= = 10" = =

=
55 55 2-55 2-55




Vjezba 281

107241073
110-10_6

Ako je 10 o , odredite x.
Rezultat: 2.

Zadatak 282 (Josip, ekonomska skola)

3.
Pojednostavni: | 1-— al 5| (L+1j.

I-x x-1
Rjesenje 282
Ponovimo!
a c_a~d—b~c a+c_a~d+b~c a ¢ _a cl_ad
b d b-d b d b-d " b'd boc bec
%l:a s az—bz:(a—b)~(a+b) R a—b:—(b—a).
2
3-x X 1 3-x X 1 1-x"-3-x x+x-—1
1— _— 1 = —-— . —_— - | = =
1—x2 x-=1 1 1—x2 x=1 1 1—x2 x-1
2 2 - 4~x2—1 2
1-4 2x—1_1—4-x x—1 x—1 4-x7 -1 x-1

Vjezba 282
X 3-x 2
Pojednostavni: (—4— 1] ) T= 5
x—1 1-x
+1
Rezultat: a .
2-x+1

Zadatak 283 (Tonka, srednja Skola)

Rastavi na faktore izraz: a 2 +10-a-b—-70-b—49.
Rjesenje 283

Ponovimo!

22—y ? = (x=y) (x+y).
Zakon distribucije mnoZenja prema zbrajanju.
a-(b+c):a~b+a~c R a~b+a~cza~(b+c).

metoda }

a2+10-a-b—70-b—49={ o
grupiranja

=(a2—49)+(10-a-b—70-b)=

=(a2—72)+(10-a-b—70-b)=(a—7)-(a+7)+10-b-(a—7)=(a—7)-(a+7+10-b).

Vjezba 283
Rastavi na faktore izraz: a 2 +10-a-b-30-b-9.
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Rezultat: (a—3)~(a+3+10~b).

Zadatak 284 (Lidija, srednja Skola)

2
a
y—
Pojednostavni : Y o
L
a
Rjesenje 284
Ponovimo!
a
d—b- -d
gt 4 c_adzbe p _ad o (b-a).
1 b d b-d ¢ b
d
2 2 2 2

a—-2— _r
a a a
Vjezba 284
19
Pojednostavni : Y
Y
a
Rezultat: —E.
Yy

Zadatak 285 (Lidija, srednja Skola)

1 1 1
Pojednostavni : - 1 : 1
b-(a-b-c+a+c) a+ 1 a+—
b+— b
c
Rjesenje 285
Ponovimo!
a
”:E s il+i:a ¢ ¢ , Q:L R a—b:_(b_(l)
1 b d b-d ¢ b
d
a.c_ad_ad a b _a-b
b'd bc bc  non n
1 1 R 1 1
b-(a-b-cta+c) a+% ail b-(a-b-c+a+c) . w1
b+— b P b
¢ 1



1
1 1 1 1
“ab

_b~(a~b~c+a+c)_a 1 'a'b+1_b~(a~b-c+a+c) 1 a-b+l
b-c+1 b a+ 1 b
¢ b-c+1
c
B 1 1 b 1 1 b
_b~(a~b~c+a+c)_a+é.a~b+1_b-(a~b-c+a+c)_g+é.a~b+1_
b-c+1 1 b-c+l
B 1 1 b 1 1 b
“b(abcra+rc) a(b-ctl)te a-b+l b-(abctatc) abctatrc qbrl
b-c+1 b-c+1
1
B 1 1 b 1 b-c+l b
_b-(a-b-c+a+c)_a'b'c+a+c 'a-b+1_b-(a-b-c+a+c)_a-b-c+a+c “a-b+1l
b-c+1
~ 1 b-c+l  a-b+l_ 1 (b-c+1)-(a-b+1)
_b-(a-b-c+a+c)_a-b-c+a+c. b _b-(a-b-c+a+c)_b-(a-b-c+a+c)_

2
1=(b-c+1)-(a-b+1) 1‘(“"’ 'C+b'c+“'b+1) d-abZc—bc-ab-1_

b-(a-b-cta+c) b-(a-b-c+a+c) b-(a-b-c+a+c)

l—a-bz-c—b-c—a-b—l _—a-bz-c—b-c—a-b _—b-(a~b~c+a+c) B
b-(a-b-c+a+c) b(a-b-cta+c) b-(a-b-c+a+c)

_—I7~(a~b~c+a+c)_

b~(a~b~c+a+c)

Vjezba 285
-1 1 -b+1
Pojednostavni : + 4 .
b-(a-b-c+a+c) 1 b
at—
b+—
c
Rezultat: 1.

Zadatak 286 (Zeljka, gimnazija)
Tri broja x, y, z zadovoljavaju relaciju y* = x - z. DokaZi da je
(x+y+z)-(x—y+z)=x2+y2+z
Rjesenje 286
Ponovimo!
a 2 —172 =(a—b)~(a+b) s (a+b)2 =a 2 +2~a~b+l72.

MnoZenje zagrada:
(a+b)~(c+a’):a~c+a~d+b~c+b~d.

1.inacica

(x+y+z)-(x—y+z)=x2—x-y+x-z+y-x—y2+y-Z+Z-x—Z-y+Z =

4



2 2 2 2 2 2
=x —x-y+x-z+y-x—y +y-z+z:x—z2-y+z =x +x-z—y +z72-x+z =
[ 2 } 2. 2 2 2,2 2 2 2.2 2 2 2

=y =xz|=x oty -y +y 4z =x 4y —y 4y +z =x +y +2
2.inacica

2 2
(x+y+z)-(x—y+z)=((x+z)+y)-((x+z)—y)=(x+z) -y =

2 2 2 2 2 2 2 2 2.2
=x"+2-xz+z -y =y =xz|=x" 42y 4z -y =x"+y +z

Vjezba 286

Tri broja x, y, z zadovoljavaju relaciju z* = x - y. Dokazi da je

(x+y+z)-(x+y—z)=x2+y2+12.

Rezultat: Dokaz analogan.
Zadatak 287 (Filip, gimnazija)

Rastavi na faktore (a+b+c)~(a~b+b~c+a~c)—a~b~c.
Rjesenje 287

Ponovimo!
Zakon distribucije mnoZenja prema zbrajanju.

a-(b+c):a~b+a~c R a~b+a-c=a~(b+c).

MnoZenje zagrada:
(a+b)~(c+d):a~c+a~d+b~c+b~d.

(a+b+c)-(a-b+b~c+a-c)—a-b-c=
=a2~b+a~b~c+a2~c+a~b2+b2~c+a~b-c+a-b~c+b~cz+a-cz—a~b-c=
=a2-b+a-b-c+a2-c+a-b2+b2-c+a-b-c+a~b-c+b-c2+a-c2—a-b-c=

metoda
=a2-b+a-b-c+a2-c+a-b2+b2-c+a-b-c+b-c2+a-c2={ o }=
grupiranja

=(a2-b+a-b-c)+(a2-c+a-62)+(a-b2+b2-c)+(a-b-c+b-62)=

=a~b~(a+c)+a~c~(a+c)+b2~(a+c)+b-c-(a+c)=

=(a+c)-(a-b+a-c+b2+b-c)=(a+c)-(a-(b+c)+b-(b+c))=(a+c)-(b+c)-(a+b).

Vjezba 287
Rastavi na faktore (a +b+c)~(a ~b+(a +b)-c) —a-b-c.

Rezultat: (a+c)-(b+c)-(a+b).

Zadatak 288 (Filip, gimnazija)

Ako jea+b+c=01 a2+b2+c2 =1, izraCunaj a4+b4+c
Rjesenje 288
Ponovimo!

(,x+)f)2:,x2+2~x~y+yz , (x-i—y-i—z)z=x2+yz+zz+2-x~y+2~x~z+2~

5
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Zakon distribucije mnoZenja prema zbrajanju.
a~(b+c) =a-b+a-c , a-b+a-c :a~(b+(7).
Kvadriramo prvu jednakost.

a+b+c=0 = a+b=-c = a+b=—c/2 = (a+b)2=(—c)2 =

= 612+2-a-b+b2=c2 = a2+b2—c2=—2-a-b.

Ponovno kvadriramo dobivenu jednakost.

2 2

a +b2—c2=—2~a-b = a 2

2

2
ib2-c?=24ab/? = (a2+b2—02) =(-2-a'b)” =

= a4+b4+c4+2-a2-b2—2-a2-62—2-b2-c2=4-a2-b2 =

= a4+b4+c4=4-a2~bz—2-(12~bz+2~az~c2+2~bz~c2 =

= a4+b4+c4=2-a2-b2+2-a2-62+2-b2-62 =

2 4

= 2~a2~b2+2-a2~c2+2-b2~c =a4+b4+c .

Kvadriramo drugu jednakost iz zadatka.

2
a2+b2+c2=1 = a2+b2+C2=1/2 = (a2+b2+c2) =12 =

= a4+b4+c4+2~a2~b2+2~a2-c2+2~b2~c2=1 =

= 2-a2-b2+2-a2-c2+2-b2-62=1—a4—b4—c4.

1z sustava jednakosti dobije se:

2-a2~b2+2~a2~c2+2~b2~02=a4+b4+c4 {metoda }
= =

2'd2'b2+2'02~02+2~b2~02=1—a4—b4—c4 komparacije

= a4+b4+c4=1—a4—b4—c4 = a4+b4+c4+a4+b4+c4=1 =

= 2-a4+2-b4+2-c4=1 = 2-(a4+b4+c4)=1 = 2-(a4+b4+c4)=1/:2 =

4 4 4 1
= a +b +c ZE.

Vjezba 288
Ako jea+b+c=01i a2+b2+02—1=0, izracunaj a4+b4+c4
1
Rezultat: a 4 +b4 +c4 =—.

Zadatak 289 (Bozidar, srednja skola)
Rastavi na faktore: x 6_ y 6.
Rjesenje 289
Ponovimo!

az—bzz(a—b)-(a+b) s a3—b3:(a—b)-(a2+a~b+bz) s (an)m:a”.m.



2
(a+b) :a2+2-a~b+b2 s cz3+b3 = (c1+17)~(c12—c1-b+172).

1.inacica
Zadani izraz raspiSemo kao razliku kvadrata.
() )
x -y =[x -y =(x" =y ) |x"+y |=
2 2 2 2
=(x—y)- X +x-y+y -(x+y)- x T —x-y+y )=
2 2 2 2
z(x—y)~(x+y)~(x —x-y+y )(x +x-y+y )
2.inacica

Zadani izraz raspiSemo kao razliku kubova.

Ol A e

4 2 2 4
=(x—y)-(x+y)- x +x -y +y |
MnoZenjem dviju zagrada ili uporabom formule za razliku kvadrata lako se uvjerimo da je
( 2 2)( 2 2) 4 2 2 4
X —x-yt+ty J'\x tx-y+y |=x +x -y +Yy .
U¢inimo to!
® mnoZenje zagrada
( 2 2)( 2 2)
X —x-yt+ty J-\xFx-yt+ty |=
4 3 2 2 3 ONY 2 3 2 2 3 4
=x +x y+x -y —xcysxl-y —xy 4y x +xy +y =
4 3 2 2 3 2 2 3 2 2 3 4
=x +x y+xT -y —x4y-x -y —xy +y x +x-y +y =
4 2 2 4
=x +x -y +Yy .

e formule za razliku kvadrata i kvadrata zbroja

(2 2)(2 2) (2 2 )(2 2 )
X =x-y+y | {x T Hxy+y =Ty T —xy ) lx Ty +Hx-y)=

R A I RS I )
=([x"+y 7 |=x-y)[{xT+y T )+x-y|={x"+y —(x~y) =
2 2
(2) 2 2 ( 2) 2 2 4 2 2 4 2 2 4 2
=|x +2-x7 -y +H|y -Xx -y =x +2:x7-y +y —-x" -y =x +x
Vjezba 289

Rastavi na faktore: x 8_ y 8.

Rezultat: (x—y)-(x+y)~(x2+y2)'(x4+y4)-

2
Yy

+y

4



Zadatak 290 (Bozidar, srednja Skola)

. . 1 a” +1
Pojednostavnite : | 1— o )
a a
1_7
a—1
Rjesenje 290
Ponovimo!
a
-d-b- i -d
n:ﬁ s a_c_admoe s b_4¢ , a +b :(a+b)~(a —a~b+b2).
b d b-d ¢ b-c
d
ac_a-c
bd b-d
1
. 1 a4 | 1 a3+1_ . 1 +1_1 1 +1
- 2 2 | 2 2 | 2 | 2
l_a a l_a a a—1-a a—1-a
a—1 1 a-1 a—1 a—1
_(1 a—1 ja3+1_1 a—1 a3+1 [14_ a—1 ja3+1
a—l—a2 a2 _(a2_a+1) a2 a —a+l1 a2
_a2—a+1+a—1 a3+1_a2—a+l+a—l a3+1_ a2 a3+1_
= 5 —s= 5 . = 5=
a —a+l a a —a+l1 a —a+1 a
B az a3+1_ 1 a +1_ a3+1 (a+1)-(a —a+1)_
a —a+l «a a —a+l1 1 a —a+l a2—a+1

Vjezba 290

2
1
Pojednostavnite: | 1— 5 6;
a a” +1
1 -
a-1

Rezultat: a+ 1.

Zadatak 291 (Nina, ekonomska Skola)

I 1 1
Izrazite c iz jednadzbe —=—+—.
a b c
Rjesenje 291

Ponovimo!



. a c d n
xX=y > y=x , ———=—"7--—--— , —=— = —=—, —=1.
b d b-d b d a c 1
Zakon distribucije mnoZenja prema zbrajanju.
a-(b+c):a~b+a~c s a~b+a~c:a~(b+c).
1l.inacica
1 11 1 1 1 1 1 1 1 b-a c a-b a-b
—=—4— D —+—=— > —=——— = —= = —= = c=
a b ¢ b ¢ a c a b c ab 1 b-a b-a
2.inacica
1 1 1 1 1 1
—=—+— = —=—+—/-a-b-c = b-c=a-cta-b = b-c-a-c=a-b =
a b c a b c
1 -b
:c~(b—a)=a-b:c-(b—a)=a~b/- 2c=a .
b-a b—-a
Vjezba 291
. .. . 111
Izrazite b iz jednadZbe —=—+—.
a b c
Rezultat: ae
c—a
Zadatak 292 (Marija, opéa gimnazija)
. 6
Izracunaj: -5
a=3 4°_9
Rjesenje 292
Ponovimo!
a?-b% =(a-#)(a+b) a ¢ _ad=bc
" b d b-d
1 6 1 6 1 6 zajednicki nazivnik
a-3 a2_9_a—3 a2_32_a—3 (a—3)~(a+3)_ (a—3)-(a+3) N
_a+3-6 a-3 B a-3 1
(a—3)~(a+3) (a—3)~(a+3) (a—3)~(a+3) a+3
Vjezba 292
6
Izracunaj: + R
a=3 9_g4
Rezultat: .
a+3

Zadatak 293 (Marija, opéa gimnazija)
x—2 x+ 2] X

Izracunaj: (

x+2 x-2 ‘x2—4.
Rjesenje 293
Ponovimo!
- -d-=b-c d d
a_c_adzve 2 52 _(a-b)(arb) , L.L-24_ a4
b d b-d b d b c b-c




(a—b)z =az—2‘a~b+b2 s (a+b)2 =a2+2‘a~b+b2.

1.inadica

(x—Z x+2j x zajednicki nazivnik u zagradi (x—2)2—(x+2)2 x2-4
X2 x-2) 2 4 (x+2)-(x-2) T (x+2)-(x-2) o«

2 2
x —4-x+4—(x +4-x+4) 202 2 4iayPaa (x=2)-(x+2)

- (x+2)-(x—2) . X - (x+2)~(x—2) . X B
o —dexrdox x4 (x-2)(x+2) -8.x  (x-2)(x+2)
- (x+2)~(x—2) X _(x+2)~(x—2) by -
_ -8x  (x-2)(x+2) -8ex _8x_ g
(x+2)-(x—2) x x x '
2.inacica

(x—Z x_,_zj X {zajedniéki nazivnik u zagradi} (x—2)2 —(x+2)2 x2 -4

x+2 x-2) (x+2)-(x=2) (x+2)-(x-2)  x
((x=2)=(x+2))-((x=2)+(x+2)) x* 2> (x-2-x=2)-(x-2+x+2) (x-2):(x+2) _
(x+2)-(x= ) x (x+2)-(x-2) x
:(x—2—x—2) (x 2+x+2) (x—2)-(x+2): —4.2-x .(x—2)-(x+2):
(x+2)-(x-2) X (x+2)-(x-2) X
B —-8-x .(X—Z)'()C-I-Z): -8 x .(x—2)~(x+2)=—8-x=—8-x=_8
(x+2)(x-2) x fx+2)-(x-2) x x x .
Vjezba 293
o [x=2 x+2) x
IzraCunaj: (x+2+2—x). x2_4.
Rezultat: -8

Zadatak 294 (Marija, opca gimnazija)

2 4
18- 9-a -144
Izracunaj: {6—3 ~a+ a ] e

6+3-a| 6.4°148
Rjesenje 294

Ponovimo!

n a ¢ ad a-d a ¢ a-d-b-c a+c a-d+b-c
n=— R —_——=——= . —_——_ = —_— N — —_—

1 b d b c b-c b d b-d b d b-d

a3+b3=(a+b)~(a2—a‘b+b2) R az—bzz(a—b)~(a+b).
m .

a4—b4:(a2—172)~(a2+h2):(a—b)~(a+b)~(a2+h2) s (a”) :a”m.

Zakon distribucije mnoZenja prema zbrajanju.

a~(b+c)=a~b+a‘c R a‘b+cl~c=a~(b+c).

10



18-a2) 9.a*-144 18-a2 ) 6.a°+48
6-3-a+ . 3 =16-3-a+ . T —
6+3:a) 6.4°+48 3:(2+4a) | 9.4% -144

3 3
18.42 6-(a +8) 602 6-(a +8)
=|6-3-a+ . 7 =|6-3-a+ : 7 =
3-(2+a) 9-(a —16) 2+a 9-(a —16)

o2 2fas) 2] e
=[6_3.a+Zm}a(f_m):[é_mMJ.}UQZ)Z_(ZZ)ZJ:

ZJ 2-(a+2)-(a2—2-a+4)_[§ 3~_a+6-a2} 2-(a+2)-(a2—2-a+4) _

6-a
=|6-3-a+ . =|—-
[ 2+a 3-(a2—22)-(a2+22) 1 1 2+a 3-(a—2)-(a+2)-(a2+4)

6'(2+a)—3~a-(2+a)+6-32. 2'(a+2)-(a2—2-a+4)
2+a 3'(a_2)'(a+2)-(a2+4)

) 2
_12+6'a_6'a_3'02+6~a2 2'(a+2)-(g _2.a+4)

2+a 3:(w=2)-(a+2):(a” +4)

2 2
_12+6~a—6~a—3-a2+6~a2 2'(“ ‘2'”+4) _12+3.a2 2-(a —2-a+4)

2+a '3-(a—2)-(a2+4) 2+a .3-(a—2)-(a2+4)

3-(4+a2) 2-(a2—2-a+4) 3-(a2+4) 2-(a2—2-a+4)

2+a .3-(a—2)-(a2+4)— 2+a '3-(a—2)-(a2+4)_

2-(a2—2-a+4) 2-(a2—2-a+4) 2-(a2—2-a+4)

- (2+a)-(a—2) - (a+2)~(a—2) - a2—4
Vjezba 294
4 2
Izraéunaj:9.a3—_M4: 6—3-a+18.a .
6-a” +48 6+3-a
2
Rezultat: a_ -4

2-(a2—2-a+4)

Zadatak 295 (Ivona, gimnazija)
. ( 2-m n) ( m 2. n)
IzraCunaj: | x -y J{x +y .

Rjesenje 295

11



Ponovimo!

n o m n+m n\mM n-m n
a -a =a s a =a s (ab) =

MnozZenje zagrada:

(a+b)~(c+d)=a‘c+a‘cl+b‘c+b‘cl.

3-m 2-m  2-n m n 3-n 3-m m\2
=x +x -y -x -y -y =x +(x ) :
3-m m  n\2 m n
=x +(x y ) -x -y -y
Vjezba 295
Izracunaj: (xm—yn)-(xm+yn).
Rezultat: X Zm_ y 2~n.
Zadatak 296 (Neven, tehni¢ka Skola)
Izracunajte: [ atb azb J a4—b4
az-b—a-b2 a2-b+a-b2 4
Rjesenje 296
Ponovimo!
2 2 4 4 2 2 2
x -y :(x—y)-(x+y) , ox =y =lx_a0w x4y

2
(x+y) :x2+2~x~y+y2 s
Zakon distribucije mnoZenja prema zbrajanju.

a~(b+c) =a-b+a-c
1.inadica

)

)= (emn) (e ) (5745

y

n

() =x 7 =2-x-y+y

)

a‘b+cl~c=a~(b+c).

a+b

a—b

n

n

x=y

n

( a+b 3 a—b J a4—b4_[
az-b—a-b2 a2-b+a-b2 4

_(a+b)2—(a—b)2.(a_b)'(a+b)'(a2+b )_(a+b)2 (a-b)° (a—b)~(a+b)~(a2+b2)

a-b~(a—b)_a~b-(a+b)

j.(az—bz)-(a2+b2

4

_a-b~(a—b)~(a+b) 4 (a—b) (a+b) 4

2 2

2 2 _

(a+b)" =(a—b) a2+b2 ali2.ab+b? ( 2-a-b+b ) 02ip?
a-b 4 a-b 4
_az+2~a-b+b2—az+2~a-b—b2 a2+b2_
a-b 4
a2+2~a-b+172—a2+2~a-b—b2 az+b2 4-a-b az+b2 4-a-b az+b2 2+b2
a-b 4 a-b 4 a-b 4
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2.inacica

( atb  a-b j_a4—b4:( a+b a-b j.(“zbz)'(“zﬂ’z)

alb-ab? a’brab? 4 a-b-(a=b) a-b-(a+b) 4

~ (a+b)2—(a—b)2 .(“_b)'(“"'b)'(az"‘bz)_ (a+b)2—(a—b)2 (a—b)~(a+b)~(a2+b2)

“a-b-(a=b)-(a+b) 4 “ab-(a-b)-(a+b) 4 )
(a+b)’ ~(a=b)" a*+p? _((a+b)=(a=b))-((a+b)+(a=b)) a*+b> _
a-b 4 a-b 4
_(a+b—a+b)~(a+b+a—b) a2+b2_(a+b—a+b)-(a+b+a—b) a2+b2_
- a-b 4 a-b 4
2:b-2-a 412+b2 4-a-b 412+b2 4-a-b 412+b2 2 2

a-b 4 a-b 4 a-b 4
3.inadica

( atb  a-b J_a4—b4:( a+b a-b ].(“2”2)'(“2”’2)

alb-ab? a’brab? 4 a-b-(a=b) ra:-b-(a+b)

:( " ¥ ]‘(ab)'(“b)'(“zwz)

a-b-(a—b) a-b-(a+b) 4

2.2
=(#ﬂ”_b).(a_b).(a+b)_i.(a_b).(a+b)].“ =

a~b-(a+b)
2 2
a+b a-b a +b
=|—(a-b)-la+b)————(a=b)-(a+D) | =
a-b~(a—b) (a )) (a ) a~b-(a+b) (a ) (a ) 4
(@) (@=0)) a%+p? (a+b) —(a=b) a24b>
a-b a-b 4 a-b 4
2 2 2 2
_a +2-a-b+b —(a —2-a-b+b )_a2+b2_a2+2-a~b+b2—a2+2~a-b—b2.a2+b2_
a-b 4 a-b 4
_a2+2~a-b+bz—az+2~a-b—b2.a2+b2_4~a-b.a2+b2_4-a-b.az+b2_a2+b2
a-b 4 a-b 4 a-b 4 '

4.inacica

( atb  a-b j_a4—b4:( a+b a-b j.(“zbz)'(“zﬂ’z)

alb-ab? a’brab?’ 4 a-b-(a=b) a-b-(a+b) 4

( o o ].(ab)~(a+b)~(a2+b2)

a-b-(a—b) a-b-(a+b) 4
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a+b a—b a2+b2
:[m'(“"’)‘(“”’)‘m~<a—b)~(a+b)]~ b
2

a+b a—b 224h

= (a+b)2 (a_b)z “2”’2_(“”7)2—(9—19)2 a2+b2_
| ab ab |4 a-b 4

((a+b)—(a—b))~((a+b)+(a—b))’a2+b2 (a+b—a+b)-(a+b+a—b).a2+b2 B

a-b 4 a-b 4

B (a+b—a+b)-(a+b+a—b).a2+b2 B 2-b~2-a.a2+b2 _
a-b 4 a-b 4

4-a-b az+b2 4-a-b 612+b2 2 2
= . = . =a +b".
a-b 4 a-b 4

Vjezba 296
4

a+b b—a j a4—b
+ .

czz-b—a-b2 a2-b+a-b2 4

Rezultat: a 2 +b 2.

Izracunajte: [

Zadatak 297 (Tanja, srednja Skola)
Ako je a-(a—-b)=11,a b-(a—b) =13, tada je:

A)az—b2=143 , B)az—b2=2 , C)az—b2=24 , D)az—b2=48

Rjesenje 297
Ponovimo!

n o _m n+m 1 n n n
X x =x , X =x (x~y) =x -y .

2 2 )
(x+y) :x2+2~x~y+y2 s (x—y) :x2—2-x~y+y2 , ———=
Zakon distribucije mnoZenja prema zbrajanju.
a~(b+c)=a~b+a‘c s a‘b+cl~c=a~(b+c).
l.inacica
_ 2 .
a~(a—b)—11} a”—a-b=11 [zbroymo
= =

b-(a-b)=13 2

a-b—-b~ =13 jednakosti

} = az—a-b+a-b—b2=11+13 =
= a2—a~b+a‘b—b2=24 = a2—b2:24‘
Odgovor je pod C.
2.inacica

a~(a—b)=11} {podijelimo} a-(a-b) 11 a(a-b) 11
= = —F > —=— =

b~(a—b)=13 jednakosti b-(a—b):E b-(a—b) 13
= £=£ = 2=£/-b = a=£-b.
b 13 b 13 13
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Odredimo b’.

11
a=—->b 11 11 11 11 11 11 1
13 = —~b-(—~b—bj=11 = —~b~b~(——1j=11 = —~b2~(———j=11 =
13 13 13 13 13 13 1
a (a—b) 11

- 1
13 13 13 13 169 169 22
= bzzll-(—@j = bzzll-(—@j = bzz—g.
22 22

v 2
Racunamo a”.

11 11 2 121 2
a=—->b a=—~b/2 a =—-:b
13 13 169 metoda 2 121 ( 169

= = = > a =—-——|=
2 169 b 2 169 b 2 169 supstitucije 169 2

h< = = =

2 2 2
2 121 169 2 121
a =—:|-——|=>a =——.
169 2 2

Tada je
2 2 121 169 121 169 -121+169 48

2 2 ) 2 2 2 2
Odgovor je pod C.
Vjezba 297
Ako je a-(a—b)=10,a b-(a—b) =12, tada je:
A)az—b2=120 , B)az—b2=2 , C)a2—b2=22 , D)a2—b2=44

Rezultat: C.

Zadatak 298 (Dalia, gimnazija)

Ako je 2-x2+5-y2+22—4-x-y+2-x-z+2-y+1=0, koliko je x+y+2z?
Rjesenje 298

Ponovimo!

2 2
(x—y) :x2—2-x-y+y2 s (x+y) :x2+2~x-y+y2
c12+172+c2 =0 © a=b=c=0.

Metodom grupiranja zadanu jednakost transformiramo na sljede¢i oblik:

2-x2+5-y2+22—4-x-y+2-x-z+2-y+1=0 =

= x2—4-x-y+4-y2+x2+2-x-z+z2+y2+2-y+1=0 =
= (xz—4~x~y+4~y2)+(x2+2~x~z+z2)+(y2+2~y+1)=0 =
x=2-y=0 x=2-y x=2-(-1)

= (x—2~y)2+(x+z)2+(y+l)2=0 = x+z=0 = z=—x [ > z=—x =
y+1=0 y=-1 y=-1
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= z7=—Xx; = z=—(—2) = z=2
y=-1 y=-1 y=-1
Tada je:
x+y+z=-2-1+2 = x+y+z=-2-1+2 = x+y+z=-1
Vjezba 298
. 2 2 2 oo
Ako je2-x " +5-y +z —4-x-y-2-x-z+2-y+1=0, koliko je x+y+2z?

Rezultat: -5.

Zadatak 299 (Dalia, gimnazija)
L2 .4 3 2 .
Ako jex " —x+2=0,onda jex —2-x" +x +7 jednako:
A) 11 B) 13 C) 15 D) 17

Rjesenje 299
Ponovimo!
Kvadrat trinoma

2
(a+b+c) :a2+b2+02+2~a~b+2~a~c+2~b~c.

| n m n+m n\m n-m
a =a , a -a =a s a =a , —a+a=0.

Kvadriramo zadanu jednakost (kvadrat trinoma).

2
X2 X220 = x2—x42=0/25 (xz—x+2) -0 =
2
= (xz) +(—x)2+22+2-x2-(—x)+2-x2-2+2-(—x)-2=0 =

= x4+x2+4—2-x3+4-x2—4-x=0 =

= x4—2-x3+x2+4-x2—4-x+4=0 = x4—2-x3+x2+7—7+4-x2—4-x+4=0 =

= x4—2~x3+x2+7—7+4~x2—4-x+4=0 = x4—2~x3+x2+7=—4~x2+4~x+7—4 =

= x4—2-x3+x2+7:—4-x2+4-x+3 = x4—2-x3+x2+7:—4-x2+4-x—8+8+3 =

= x4—2-x3+x2+7:(—4-x2+4-x—8)+8+3 = x4—2-x3+x2+7:—4-(x2—x+2)+11 =

= x4—2-x3+x2+7=—4-(x2—x+2)+11 = x4—2-x3+x2+7=—4-0+11 =
=0
= x4—2~x3+x2+7:0+11 = x4—2~x3+x2+7:11.
Odgovor je pod A.
Vjezba 299
Ako je x2=x—2, onda je x4—2-x3+x2+7 jednako :
A) 12 B) 11 C)13 D) 14

Rezultat: B.
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Zadatak 300 (Dalia, gimnazija)

Ako je (x—1)-(x—3) =4, koliko je (x—2)2?
Rjesenje 300
Ponovimo!

(a—b) =a 2 —2-a-b+b 2.
MnozZenje zagrada

(a+b)~(c+d) =a-c+a-d+b-c+b-d.
Zakon distribucije mnoZenja prema zbrajanju.

a~(b+c)=a~b+a~c a~b+a~c=a~(b+c).
1.inacdica

Transformiramo zadanu jednadZzbu.
(x-1)-(x-3)=4 = x"-3-x-x+3=4 = ¥ dx=4-3 = ¥ 4x=1 =
2 2 2
= x —dx+d-d=1= |x —4dx+4|-4=1 = (x-2)" -4=1 = (x-2) =1+4 =

= (x- 2)2 =5.
2.inacica

Rijesimo kvadratnu jednadzbu.

(x-1)-(x-3)=4 = ¥2 3 xx4324 = x 2 —4x#3-4=0 = x> —4-x-1=0 =

’ a=1,b=-4 ,.c=-1
x —4-x-1=0 }
= =
1.2

> 4+, /16—4-1-(-1)
— +\/_7.. = X = =
a=1,b=-4,c=-1 bty b"—4-ac 1,2

2-1
2-a

i 2:41\/% _
’ 2

4+ [16+4
= x12 = =

4%./4.5 425
> 1 2T, 7 x1,2=T[ =
2(225) 2-(224/5) x =2+45
= N2, = N2 T = Y p=2% 5:>x2=2_ :
Sada je
2 2 2
( 2)2 x=2+./5 (2+ 5—2) =(2+\/§—2) :(\E) =5
X — = =
x=2-45 2

52 <o E o) - ()
Vjezba 300

Ako je (1-x)-(3—x) =4, koliko je (x—2)2 ?
Rezultat: 5.
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